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d i(ht) 3 4 2 ( k ) s . . . . s . d k( G )
ConjilBukhl Ey, (n) = # n eigenvalues of adjacency m a t r i x

E # (n) = ¥ n . of G .

t hConj2 (J.-Polyauskii).
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Tr i m ( T T Y ZZ ) . Goal: Given i n , find largest m

⇐ (n) = 1k¥ (n-i)) s i t . I m - v e r t e x graph 4 w i t h

(PSD)t ( R A N K ) .

Alternatives Given i n . find
w h e r e k - k (X), X - ¥ smallest n . s i t . . . . . (PSD) + (RANK).

⇐ m i n i m i z e r a n k ( X I - A )i÷i÷÷:÷e⇐⇐.
V - v e r t e x s e t .
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Altgoal Given m . find mult (X.G ) = II, mu t t l i . G i ) s c .
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T H I (J-1422). For every L E I . . Every connected

n - v e r t e x connected graph n - v e r t e x graph
G-has a n
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m m m m

µ,n, ←
v e r t e x s e t o f G .

I f a = d a CGI. t h e n I vo E V , s i t , f v e V .m r
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L E M I . I f H = G - (an r - n e t H r (v) = § H

of G ) . I
t h e n d , (H)'s × , fa i r - l , r - n b h d of v i n H .
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Pf., 4=42 14 1 , Casey.. Assume t v .

r - r , t r i , r , = c . bglogn X i ( f r a t ) E d ,

h - c . log n . l e t Vo b e a small r i - n e t off.
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By Cauchy interlacing. 8¥ €¥j;
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L E M 3 ⇒ malt ( x . H ) . 12h

⇐ II. xilni"
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